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Formula di Bochner

Teorema 1. Sia Ω un aperto in Rd ed u ∈ C∞(Ω). Allora,
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= 2∇(∆u) · ∇u+ 2‖Hess(u)‖22 dove ‖Hess(u)‖22 :=
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In particolare, se u è armonica in Ω, allora

∆
(
|∇u|2

)
≥ 0 in Ω.

Corollario 2. Sia h ∈ C∞(Bρ) una funzione armonica sula palla Bρ ⊂ Rd. Allora,
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|∇h|2 dx per ogni 0 < r ≤ R < ρ.
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